Homogeneous, weakly homogeneous, universally Baire
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Homogeneously Suslin, weakly homogeneously Suslin, universally Baire @ BI&IZ DWW T WL DHhDHE
AT 2. M EIZ (1] 22F LTV AN RRSEHRELHAL TS, Stationary tower forcing 1 F12 [2]
5% UBEAIE U7z, Martin-Steel IZ & % projective determinacy O & G MEZER [5] (2 TRI Nz <
DI ORRLEEH L T 5.

1 Tree representation
WERTZIL2HEET 5.
EHE 1.1. \ % limit of Woodin &3 5. ZD& EFHMOES A C RIZB L TRIZIFHE.

1. Al <X-homogeneously Suslin.
2. A ¥ <A-weakly homogeneously Suslin.
3. A 1¥ A-universally Baire.

£ 1.2 (homogeneous tree). k & fRIEHM LT 5. X x Y EOAK T A k-homogeneous TH % & 1 5 5
(Ug | s € <“X) PELTRZWTI L2V,

o Kse WX IIHUT, U & T[s] LD k-5Eii72id8 7 1+ V& —.
o KsCte WX ITXHLT, U l& U D2
o LRD z € p[T) 1T LT, tower (Uypy, | n € w) 1 well-founded. *3

T PMEED X < £ 1Z22WT A-homogeneous TH 5 & & <x-homogeneous &5 .

e A C“X » k-homogeneously Suslin T#H % & 13 % r-homogeneous tree T PFEL T A = p[T] %
723 EDIer VS,

o “X DYHEAST k-homogeneously Suslin Tdh %+ D2fk% Hom & £T.

e Hom?, =,_, Homy &L, Hom, = Hom¥ £ 5.

[A#%1Z <k-homogeneously Suslin & E#HT 5.

LIRS EBE LKL ZOT MEMAHOES EN ] ORHENSHML TEE L.
*2 BEOHM DY EHDIAAZFLET S,
*BHT 4 LR —DFIDFEEST BHED Y AT LD direct limit A% well-founded &\ 5 Z &.



%8 1.4. Hom? 1% continuous reducibility (2B L TH L TW3.

FEPR. k-Suslin set (2B} AL FHRKTH 5. O
F A RILEH I U T TWA Z e HHHEICRE 5. Homogeneity IZIEMZE <.

T 1.5 (Martin). A C “X %|X|"-homogeneously Suslin T2 LIKET 5. ZD & E A FPEM.

E# 1.6 (weakly homogeneous tree). k ZEREH L T5. X x Y LDOAKT A k-weakly homogeneous T
BBEEBBI (U, | (5,1) € “X & <“w) BEAEL TREMAT 2 L2V,

o % (5,8) € <X @ “w LT, Uy, 1 T[s] L0 n-52lii7t8 7 1 L& —.
o % (p,7) C(g,8) € X B YwIINULT, Uy, & U, DHF.
o EED z ep[T|IZHULTHS y € RVFIEL T (Usjnyin | n € w) 1& well-founded.

T PMEED X < 5 1Z22WT A-weakly homogeneous TH 5 & & <x-weakly homogeneous &\ 5.

EE 1.7. A C“X » k-weakly homogeneously Suslin T#H 25 & 1&H % r-weakly homogeneous tree T H37F
LT A=p[T] 2Hi7zFLEDILE2 V.

@12 <r-weakly homogeneously Suslin €% T 5.
8 1.8. A CwX (Zxh U TRIIFH.

1. A 1% k-weakly homogeneously Suslin.
2. Al¥dH % k-homogeneously Suslin set B D2,

EFHD 5 HH S 22 k-homogeneously Suslin % & 1 k-weakly homogeneously Suslin T# 5.

EE 1.9 vk 2MEHBETD. X xY EOKT & X x Z EOKRU O (T,U) H k-absolute complement
pair TH 3 & i, ROV 1 X k KD LIEF P & (V,P)-generic G 12X UTIRABELT DI L2 NS,

VIG] EplT] =“X\ p[U]

VIZBEWT p[T)|NplU] =0 © & EHMIVED S LR D generic extension T p[T] Np[U] = 0 LT 5. F
72 (T,U), (R,S) % k-absolute complement pair TV IZEWT p[T] = p[R] 27T LD LT 5. Hho
HEIZ K DY A Xk RIEQEREDLIEF P & (V,P)-generic G IZH LT, V[G] 1ZB\WT p[T] = p[R] »EAL
T5.

EZ 1.10 (universally Baire). x % RIEHKE T 5.

e A C “X » k-universally Baire T& % & & % r-absolute complement pair (T,U) 27F/EL T
A=p[T| 2T LEDI iV,

e uBY % “X DA T k-universally Baire Th 2Dk T 3.

e uB, =uB} £ 9 5.

Martin-Solovay D& A & k-weakly homogeneously Suslin 7 513 k-universally Baire T % Z & 23b
5. (r|i€w) & w<w OFHERZEA ETE UVEELTHEL. T % s-weakly homogeneous tree &3 5.



(0.7) C (0,5) € <“X @ <*w X LT, BEUI(V,U,,) & ULV, U, ,) OEICFHS S h 5 05 HbiA 5 E
i(p’r)’(q’s)t Ult(V, Up,T) — Ult(V, U,LS) THRT.

E# 1.11 (Martin-Solovay tree). T % X x Y E® s-weakly homogeneous tree &3 5. o ZJEFHEL T
%. Martin-Solovay tree ms(T, ) & 3R &2 723 #l (p,t) 582 X x a EOKRTH 5.

e pe <wX.

o t ¢ M(PION

e t(0) < «

o TED 4, j <lh(p) LT, r, C (TRAYS 54 t(j) < Z'(pnh(m)’”)’(p“h(rj),rj)(t(i)) D AVAC I

=

74T 7 & L TiE k-weakly homogeneous tree T 2 HiFEHINDE V OBREP ORIV AT LB VT,
direct limit %% ill-founded & 7% & 5 7 path 28HTW5. ZDT7ATT72ZTDEFIRIZT S L IRDEHD
LA E 72 5.

EH1.12. T % X XY LD k-weakly homogeneous tree £ 3 5. a > V[T 123 LT plms(T, a)] = “X \p[T]
WKLY 5.

r-weakly homogeneously Suslin 7 & I k-universally Baire T 5.

EHE 1.13. T % X x Y E® s-weakly homogeneous tree £ § 5. +KEWV O IZH LT, (T, ms(T,0)) i

k-absolute complement pair & 7%5.
SERR. HiRfPE & Lévy-Solovay DEH & H B>, O
% 1.14. A C R % k-weakly homogeneously Suslin 72 51 s-universally Baire.

ZZETHD KIZDWVWTH Y D SAZR Uz, = DDA & DKL IE Woodin HE & VT WL D
DFERMPRENT WS, Projective determinacy DHEF FHAHIZE WTIRZRT I EWHTH 7. £
TliE Woodin EEOFAED E & THYIZ: alternating chain 2L THEY 1 VX —DHEHF T\ 7z,

EHE 1.15 (Martin-Steel). § % Woodin ## & U, X € V5 £ §5. £72 T % §T-weakly homogeneous tree
ET5. ZOLEFHREVOITHLT ms(T, 0) 1& <d-homogeneous tree & 725.

SEHRIEE I KRB TH DD TEMET 5.

% 1.16. § Z Woodin #¥&3%. A C R x R % §t-homogeneously Suslin ¥ 5. ZD& & -I°A 1
<é-homogeneously Suslin £ 745,

% 1.17. )\ % limit of Woodin ¥ §5%. Z®D& & Hom.y 13 I, FitEA L LS4, continuous reducibility
W LUTHLETWS.

% 1.17 £ Martin ® IIj-determinacy #* 5 #EFRAE D Woodin 28 DFFE % KET % & projective determi-
nacy BRI A Z 2D brb. £7z Homoy (L T Wadge order DFfFmIZ & D IRHRILT 5.

EHE 1.18. )\ % limit of Woodin £ 35%. ZDL EH B k < XA HFFEL T Hom,, = Homy HERILT 5.

SERR. ERD k < M2 LT Hom, = Homey THELHEETS. ZD & E Wadge order D HEEET



Hl Ay >0 A1 >0 ... DEFEETS. LU TORBEENEND S 728, Martin-Monk 12 &% <, D well-
foundedness OFEH & [AFRIZ U CTFJE. O

IRIZ universally Baireness 2* & weak homogeneity % 152%. IXROfHE 1.19 (ZEA R EM T TH 5.
fRE 1.19. w x Z EOKR T IZH U CTRIZIFE.

1. T i k-weakly homogeneous.
2. B3 W7 LD k-SEMIRIET 1 VR — DA EE Y B FIEL T, x € p[T] £ & % countably complete 72
(n | n€w) e CHHFIELTHEED n e w IZHUT Tz [ n] € py BRILT 5T EDFEMEE 5.

EH 1.20 (Woodin). § Z Woodin & 92. T, U % wxZ EDOART (T,U) % §+-absolutely complement
pair £4 5. 2D & & T I <§-weakly homogeneous & 755

SEEA. (T,U) % dt-absolutely complement pair &3 2%. [EAIEH n 2 T,U €V, 725 X512 FRE <H
5. T eU 2xhEfnT e UDHDIARTV, LTV Due T, U, § 237 A ZITHWTEZ AR node
2ReT S ZOLE T =|U"|=6 27%%. Qs % countable stationary tower &3 %. FEED Q_s-name
3 HDEERGEEN £ < 6§ PEELT Qep-name E U TEHTELZDTV; Dt LTHNE. ZDZ ehs
Qs F p[T"] =R\ plU'] XKL 5. &> T p[T] = p[T'] BHRLT 5. £72 T' H <b-weakly homogeneous
Dr &, T H <b-weakly homogeneous TH2 Z 06— M2 BERS> Z < T & U idwxd EOKT
CIREBUTRW. k 2{EREICHS. T » k-weakly homogeneous TH 5 Z & &7R7F. 6 I Woodin & 9 k %
<6-T-strong ZEREL TRV, &k <A< OITHUT jy: V = My % A-T-strong embedding &3 5. X,
2% (s,u) eTNVy & X CRCIZHLT,

X € Ex(s,u) ¢ u € ja(X)
LEETD.
FIR L. B <A< ITHUTRAHRLT S.

1. (s, u) 1 k-5EMi72 7 1 WX —T T[s| NV, € Ex(s,u) BT 5.
2. & (s,u) C (t,v) e TNVAIZHLT, Tp(t,v) & (s, u) DEF.
3. & (z, ) e[TNVA]IZHLT, Ex(z [ n, f | n)|n € w) & well-founded.

1L, 2B, (z,f) € [TNVA] IR LT, direct limit i£ My OFEFBRETINELRDEIENS5RD. H
G % (V,Qcs)-generic & LU, i: V — N C V[G] % generic ultrapower embedding &3 5.

EiR 2. (T) I N IZBWT i(k)-weakly homogeneous.

K<Y LD k-SRI 7 4 VX —2k% m, (k) TKRT. 0 = i"m,(k) »*i(T) D k-weak homogeneity D
witness £ > TWd Z L %R T. NE VG IZEWTHRATHU TWERS0e N &b, x e pli(T)|NN
BALFICINS. (T,U) 1k 6+-absolutely complement pair & 0 2 € p[T] BT 5. A <6 =w) @ 2+
NRESWMBZE T eplTNVy]| &5, fZ (o,f) e TNV &RBEDICHD. HIFEEXD
@B\ (@ [n,i(f) In) | n€w) & NIZEWT well-founded £ 75, &oTi(T) & N IZHWT i(k)-weakly
homogeneous. -

HIEMED & T 1% k-weakly homogeneous & 72 5. O



FoTUEDZ EDNSRDRI NI,
EIE 1.21. )\ # limit of Woodin £ §5%. ZD & SFEBDES A CRIZEHL TXRIZEME.

1. Al <A-homogeneously Suslin.
2. A ¥ <A-weakly homogeneously Suslin.
3. A 1% A-universally Baire.
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